Certain subintervals, arising naturally from the analysis when the underlying space is the interval [0, 1] , are generalized to continuum subsemirings of an arbitrary semiring possessing a semilattice multiplication with identity. The addition in the minimal additive ideal can be specified precisely and each additive subgroup is a single element. If the minimal additive ideal and the set of additive idempotents coincide, a complete description of the semiring addition is possible in terms of homomorphisms of the multiplicative semigroup. The same procedure can be employed when the space is an interval on the real line.
A topological semiring (S, + , •) is a Hausdorff space S on which are defined topological semigroups (S, +) and (S, •)> for addition and multiplication, such that x(y + z) = xy + xz and (x + y)z -xz + yz for all x f y, and z in S. This structure will be investigated under the restrictions that (S, •) is a topological semilattice, with identity 1 and multiplicative zero element 0, the set S is compact and upper sets M(x) = {y: xy = x} are connected for each x in S. Such a semiring will be called a semilattice semiring or SL-semiring. Multiplication is therefore commutative and idempotent in a semilattice semiring and an induced partial order, with closed graph, results from defining
Unless specifically altered, both (S, +, •) and S shall refer to semilattice semirings in the analysis which follows.
Particular examples of £L-semirings appear in [5] , where S is the real number interval [0, 1] . The characterization of such interval £Z/-semirings is given in Example 1 and employs two continuous functions satisfying certain required conditions on subsets of [0, 1] . A more general space and analysis will, of course, be subject to rather more exaggerated ambiguities.
Ideals will be semigroup ideals in the sense of [1] (t) . For a positive integer w and element sc, wx denotes the w-fold sum of #. Equivalently nx is the product of two elements of the semiring. The element (1 + 1) will be written as p.
For an element x let L{x) = {y:xy = y} and M{x) = {y:xy = a?}. If x ^ y, that is if # = xy, then define C(#, #) = {z: x <* 2 ^ ?/} = ikf(#) Π L(y) -y ikί(#). In any SL-semiring, M(x) is connected, implying the connectivity of C(x, y) for x ^ y. It is trivial to verify that C(x, y) is a subsemiring if and only if xeE [ + ] . Lastly, from S = £? [•] , cc + 7/ = (x + τ/) 2 = x + p(xy) + 1/ for all x, y e S.
2. Connected subsemirings of a semilattίce semiring* In Example 1 is given the characterization, obtained in [5] , of all SLsemirings on the interval [0, 1] (/, pF(x) ). The addition on S is defined by 
is nonvoid, the additive kernel is a subsemiring using a result from [6] . From S = 2£[ ] and Theorem 1 of [7] each additive subgroup is totally disconnected. However, if [ + ] 
is the union of the connected maximal subgroups H[ + ](t) -t + S+t for t in K[ + ] Π E[ + ] [8]: hence #[ + ](£) = {ί} for each teK[ + ]ΠEl + ] and thus K[ + ] S E[ + ].
Moreover, x + q + x = x + qx + x = x(2q) = q. In a similar manner it can be proven that x + y -(x + y) (y + x) -y + x for all x and y in T. Addition in T is therefore commutative. Lastly, because (T, +) is a compact semigroup with a single idempotent element, K[ + ] = iJ[ + ](g) = Γ + g + T [8] . Thus, for a; and y in Γ, a? + y = (a; + ί/) 2 = a? + ί(a?2/) + y = x + q + yeK [+] . (1) These are equivalent statements. 
The following example illustrates the general idempotent semilattice semiring with commutative addition which can be constructed on an interval. (
1) H[ + ] = E[ + ] and each additive subgroup is a single point. (2) 1+S+1=1+ E[ + ] + 1 £ M(f) D E[ + ] with addition given by x + y = xy
(3) For α e 1 + S + 1, # e ikf(p), [2] The author would like to express his appreciation to Professor Michael Friedberg for his suggestions and criticism.
, Moreover, H[ + ](t) ^ M(t) since for each x e H[+](t), tx e E[ + ]
(x) = F(x), (G o G)(x) = G(x) for all x in S; (b) F(x)G(x) = px for all x in S; (c) (FoG)(x) = (G o F)(x) = p
